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Abstract: We will explain an isoperimetric-type inequality for subsets of the
Heisenberg group that controls the size of the (suitably defined) vertical
boundary by the perimeter. This inequality was conceived for a specific
application that we will describe, but in the course of its investigation there
were twists and turns that unearthed unexpected geometric phenomena and
led to further applications to longstanding questions. These will be
explained, but the main purpose of this talk is to show the geometric
structures that arise in the proof.
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